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Abstract

This paper provides evidence on the degree of persistence of one of the key components
of the CAPM, namely the market risk premium, as well as its volatility. The analysis
applies fractional integration methods to data for the US, Germany and Japan, and for
robustness purposes considers different time horizons (2, 5 and 10 years) and
frequencies (monthly and weekly). The empirical findings in most cases imply that the
market risk premium is a highly persistent variable which can be characterized as a
random walk process, whilst its volatility is less persistent and exhibits stationary long-
memory behaviour. There is also evidence that in the case of the US the degree of
persistence has changed as a results of various events; this is confirmed by both
endogenous break tests and the associated subsample estimates. Market participants
should take this evidence into account when designing their investment strategies.
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1. Introduction

The capital asset pricing model (CAPM), in particular its one-factor version, has been
for decades the most commonly used framework to analyse the relationship between
risk and return. For instance, Fama and MacBeth (1973) estimated this model for NYSE
stocks and found a positive relationship between average return and market volatility in
the period 1926-1968. The standard approach to calculating the cost of equity is also
based on the CAPM (Fernandez, 2015): in a survey of the Association for Financial
Professionals (AFP) 90% of the respondents said that they use the CAPM for estimating
the cost of capital and making investment decisions (Jacobs and Shivdasani, 2012).

This paper focuses on a key component of the CAPM, namely the market risk
premium, which is defined as the difference between the expected return on
a market portfolio and the risk-free rate, and is also the slope of the security market line
(SML), a graphical representation of the CAPM. The aim of the analysis is to provide
evidence about some of its statistical properties as well as those of its volatility, in
particular their degree of persistence, by applying fractional integration techniques to a
set of data for the US, Germany and Japan, namely the biggest economies in the
Americas, Europe and Asia respectively, for different time periods depending on data
availability. The tests are carried out at different frequencies (weekly and monthly) and
over different time horizons (2, 5, and 10 years) in order to check the robustness of the
findings. The possible existence of breaks and changes in persistence is then
investigated in the case of the US.

The layout of the paper is the following: Section 2 reviews the relevant
literature; Section 3 describes the data and the econometric framework; Section 4

discusses the empirical findings; Section 5 offers some concluding remarks.



2. Literature Review

The market risk premium is a key parameter in the context of the CAPM. According to
the previously mentioned AFP survey, about 49% of companies base their investment
strategy on an estimated value between 5% and 6%, 23% of them on a value between
3% and 4%, and 17% of them on a value of 7% or greater. As pointed out by Fernandez
et al. (2019) and Damodaran (2018), the term equity risk premium can be used for
different concepts, specifically:

1. The Historical Equity Premium (HEP), defined as the historical return
differential between stocks and government bonds. Dimson et al. (2006)
analysed it for 17 countries over 106 years and estimated an average value of
approximately 4.5 - 5%, which is lower than the typical estimates reported in
textbooks (e.g., 7.1% in the US according to Ross el al. (2010), but still too high
to be consistent with reasonable risk aversion levels. This is known as the equity
premium puzzle (Mehra and Prescott, 1985); standard asset-pricing models have
been expanded in the more recent literature in an attempt to explain it (e.g.,
Siegel, 2017) .

2. The Expected Equity Premium (EEP)!, namely the expected return differential
between stocks and government bonds. Expectations are usually calculated
using surveys, such as those carried out by: Fernandez et al. (2019) for the
period 2008-2018 for over 500 companies and professionals estimating a EEP of
5.4% - 5.7% in the US; Graham and Harvey (2018) for the period 2000-2018

among SP500 Chief Financial Officers (CFOs), obtaining an average EEP of

! Fernandez (2019) differentiates between the Expected (EEP) and the Required Equity Premium (REP),
the latter being the premium over the risk-free rate required by an investor which should be used for
calculating the required return to equity. However, in practice, the REP is the same as the EEP (Campbell,
2007), and indeed the CAPM assumes that they are (Fernandez, 2019).



4.42% in the US; Welch (2008) with more than 400 answers from finance and
economics professors, estimating an average EEP of 6% in the US.

3. The Implied Equity Premium (IEP), namely the required equity premium
according to an asset pricing model. In particular, it can be calculated in the
context of a traditional dividend valuation model (Gordon, 1962) by discounting
future dividends and expected growth, or within a general cash flow discount
model by discounting the expected shareholder cashflows (DCFs). For instance,
Fama and French (2002) estimated the IEP for the period 1951-2000 to be in the
range 2.55%-4.32% (much higher than the estimated HEP of 7.43%).
Damodaran (2018) calculated a value of 5.08% for the US (4.16% on average
over the period 1960-2017) using the expected 5-year dividends including
buybacks for the S&P500 index. He also proposed an alternative method based
on country default spreads and equity market volatility, which yielded an
estimated IEP of 5.3%. An investment house such as KPMG calculated an IEP
of 5.75% in 2019 for the US by using general DCF models combining historical

equity returns and the current IEP (Groenendijk et al., 2019).

Damodaran (2018) concluded that IEP outperforms HEP in terms of predictive
power for the risk premium. Fama and French (2002) advocated using the dividend
growth model. Jacquier, Kane, and Marcus (2005) argued that a historical geometric
average, lower than the arithmetic average, is a more suitable measure of the equity
premium. Levi and Welch (2017) concluded that over 20-year time horizons the equity
premium is in the 5%-7% range. It is noteworthy that using consensus premia obtained
by averaging across different approaches might not be good practice as these might vary

considerably in terms of their accuracy (Damodaran, 2018).



As for forecasting the equity premium, Hsiao and Wan (2011) compared different
methods and concluded that rolling windows produce more accurate forecasts than
constant parameter models. Bollerslev et al. (2013) analysed intraday data for the
S&P500 and the VIX volatility index and found that the realized volatilities are best
described by long memory fractional integrated processes and that there is return
predictability in a fractionally cointegrated vector autoregression model (CFVAR)
including returns and two variance measures proxies.

Finally, Chang-Jin et al. (2004) found a positive relationship between stock market
volatility and the equity premium, which is supported by a negative and significant
volatility feedback effect; Chan and Feng (2008) estimated significant jumps in risk
premia in the DAX, DJIA, FTSE, Nikkei, and S&P500 indices in response to news, and
showed that ignoring the long-memory feature in volatility dynamics might lead to

invalid rejections of time-varying risk premia.

3. Data and Methodology

We calculate the Historical Equity Premium (HEP) as the difference between the yield
on 2, 5 and 10-year government bonds and the stock market return over the
corresponding time horizon at both the weekly and the monthly frequency. Specifically,
we use the following series: for the US, Treasury bond yields and S&P500 returns; for
Germany, Bund yields and DAX returns; for Japan, Japanese Government Bond (JGB)
yields and NIKKEI returns. The data sources are, respectively, the St. Louis Fed, the
ECB Statistical Data Warehouse, and the Bloomberg and Reuters-Eikon databases. The
sample period varies depending on data availability; details are provided in Table 1,
which also reports some descriptive statistics for the computed series; their plots over

the time horizons and for the frequencies considered are displayed in Figure 1. It can be



seen that the risk premium tends to be less volatile when computed over a longer time
span, regardless of the data frequency.

INSERT TABLE 1 HERE
INSERT FIGURE 1 HERE

The persistence of these series is estimated using fractional integration methods
allowing the order of integration d to take fractional as well as integer values. This is a
more general and flexible approach that the standard one based on the I(0) versus I(1)
dichotomy, and it encompasses a variety of cases, namely: short-memory series (d = 0);
long-memory stationary series (0 < d < 0.5); mean-reverting nonstationary series (0.5 <
d < 1); unit roots (d = 1) or explosive patterns (d > 1). The estimation of the differencing
parameter is based on an approximation to the likelihood function (Whittle function)
formulated in the frequency domain, and uses a simple version of the tests of Robinson
(1994) to determine the confidence bands for the values of d.

Specifically, the following model is estimated:
v, = a + Bt + x t =1,2,.., (1)
where o and B are unknown coefficients (a constant and a time trend coefficient), and x:
is assumed to be integrated of order d, i.e.,
(1 -LY'x =u, t =0,+1,.., @)
where d can be any real value, L is the lag-operator (Lx: = Xt+.1) and ut is an 1(0) series,
defined for our purposes as a covariance (or second-order) stationary process with a

spectral density function that is positive and finite at the zero frequency. The fractional

differencing parameter d measures the persistence of the series and is estimated for both



the market risk premium and its volatility (proxied by the squared first differences) over

the different time horizons and for the different frequencies considered.

4. Empirical Results

Figures 2a, 2b and 2c summarize the different patterns between US, Germany and Japan
for the observed historical long-term (10y) equity premiums with monthly observations.
It looks that there is not a single pattern between different countries, however, in recent
times (after 1990s) the probability of a positive premium increases over previous
periods (after 1960s). This issue has no direct relationship with high or low sovereign
interest rate environments.

INSERT FIGURE 2 HERE

In addition, Figures 3a, 3b and 3c show similar behavior between the long-term
(10y) and medium term (5y) historical equity premium. Thus, length of a project looks

not a determinant driver for the observed equity premium.

INSERT FIGURE 3 HERE

Tables 2 to 5 display the estimated values of d from the model including
equations (1) and (2), for both the risk premium series and their volatility (proxied by
their squared first differences), jointly with the 95% confidence intervals of the non-
rejection values of d using Robinson’s (1994) tests. We consider three different
specifications for equation (1): i) a = 3 = 0 (i.e., no deterministic components); ii) =0

(i.e., an intercept only); iii) a and B freely estimated from the data (i.e., including both



an intercept and a linear time trend). We also make two alternative assumptions about
the residuals, namely that they follow in turn a white noise or an autocorrelated process,
in the latter case the non-parametric model of Bloomfield (1973) for weakly
autocorrelated errors being estimated. In each case the values of d in bold are those from
our preferred specification, our model selection criterion being the statistical

significance of the other estimated parameters according to their t-values.

INSERT TABLES 2 AND 3 HERE

Table 2 and 3 show the results obtained for the persistence of the risk premium
under the assumption of white noise and autocorrelated disturbances respectively. In
both cases the selected specification includes an intercept only. It can be seen that with
white noise errors (Table 2) the null hypothesis of I(1) or a unit root cannot be rejected
in the majority of cases; it is only rejected (in favour of orders of integration which are
above 1) in the case of the US for the 10, 5 and 2 year time horizons with monthly data,
and also for Germany and Japan for the 5 year time span with monthly data. In all other
cases d is not statistically different from 1, which indicates random walk behaviour;
there is no evidence of mean reversion (d < 1) in any single case. When assuming
autocorrelation in the disturbances (Table 3) the estimated values of d are slightly lower
but the unit root null hypothesis can still not be rejected in any case. This I(1) behaviour
is consistent with market efficiency.

Next we analyse persistence in the volatility of the risk premium (measured by
its squared first differences). Tables 4 and 5 report the estimated values of d with their
confidence bands, again for the two cases of white noise and autocorrelated errors

respectively. The two sets of results are very similar, most of the values of d lying in the



interval (0, 0.5) and implying stationary long-memory behaviour. There are only two
cases when the 1(0) hypothesis of short memory cannot be rejected, namely for Japan
and the US with a 5-year span and monthly data. We also find a significant time trend in
the case of the US with a 10-year span and monthly data.
Finally, as an illustration we consider the possibility of structural breaks in the

US case. Specifically, we carry out the Bai and Perron’s (2001) and Gil-Alana’s (2008)
tests for multiple breaks. Both suggest the presence of two, three and four breaks for the
monthly data over a 10, 5 and 2-year span respectively. The specific break dates are
displayed in Table 6 and are the following: 1974m09 and 1997m11 for the 10-year
span; 1981m11, 1997m05 and 2007m1 for the 5-year span, and 1982m11, 1989m04,
1997m06 and 2008m03 for the 2-year span, and broadly coincide with the 1973-74 oil
crisis, the early US 1980s recession resulting from the Fed’s contractionary monetary
policy, the 1997 Asian financial crisis, and the 2007 global financial crisis. One of the
detected breaks in the 2-year sample corresponds to the 1998 Savings and Loan crisis.
As for the volatility series, a single break is detected, in 1974 for the 10-year sample,
and in 2003 for the other two.

INSERT TABLE 6 HERE

Having detected some breaks in the series of interest, we re-estimate the
differencing parameter d for each of the subsamples to see if it has changed over time.
Its estimated values for both the risk premium and its volatility under the alternative
assumptions of white noise and autocorrelated residuals are reported in Table 7 and 8
respectively. In the former case (see Table 7) there is no evidence of mean reversion in
the risk premium, and a slight increase in persistence in the second and third

subsamples. As for volatility, there is a sizeable increase in the case of the 10-year



sample, a slight one in the case of the 5-year sample, and a decrease in the case of the 2-

year one.

INSERT TABLES 7 AND 8 ABOUT HERE

When allowing for autocorrelation in the residuals (see Table 8), the values of d
are generally smaller though the confidence intervals are much wider, such that the 1(1)
hypothesis cannot be rejected in any single case. Thus, once more, there is no evidence
of mean reversion in the risk premium. As for volatility, its persistence increases in the

case of the 10-year sample, and a decrease in the other two.

5. Conclusions

The CAPM is still the most popular model for analysing the relationship between risk
and return. This paper provides evidence on the degree of persistence of one of its key
components, namely the market risk premium, as well as its volatility. The analysis
applies fractional integration methods to data for the US, Germany and Japan, and for
robustness purposes considers different time horizons (2, 5 and 10 years) and
frequencies (monthly and weekly). The empirical findings in most cases imply that the
market risk premium is a highly persistent variable which can be characterized as a
random walk process, whilst its volatility is less persistent and exhibits stationary long-
memory behaviour. There is also evidence that in the case of the US the degree of
persistence has changed as a results of various events such as the 1973-74 oil crisis, the
early 1980s recession resulting from the Fed’s contractionary monetary policy, the 1997

Asian financial crisis, and the 2007 global financial crisis; this is confirmed by both

10



endogenous break tests and the associated subsample estimates. Market participants

should take this evidence into account when designing their investment strategies.

11



References

Bai, J. and P. Perron (2003), Computation and analysis of multiple structural change
models, Journal of Applied Econometrics, 18, 1-22

Brealey, R.A., S.C. Myers and F. Allen (2005), Principles of Corporate Finance, 8th
edition, McGraw-Hill/Irwin.

Bloomfield, P. (1973): “An exponential model in the spectrum of a scalar time series,”
Biometrika, 60, 217-226.

Bollerslev T., Osterrieder D., Sizova N. and Tauchen G. (2013) Risk and return: Long-
run relations, fractional cointegration, and return predictability. Journal of Financial
Economics 108 (2): 409-424. https://doi.org/10.1016/j.jfineco.2013.01.002.

Campbell, J. Y. (2007), “Estimating the Equity Premium”, NBER Working Papers from
National Bureau of Economic Research (NBER) n.13423

Chan, W. H. and Feng, L. (2008), “Extreme News Events, Long-Memory Volatility,
and Time Varying Risk Premia in Stock Market Returns” Available at SSRN:
https://ssrn.com/abstract=1183173

Chang-Jin, K., Morley, J. C. and Nelson, C. R. (2004). “Is There a Positive Relationship
between Stock Market Volatility and the Equity Premium?” Journal of Money, Credit,
and Banking 36(3), pp. 339-360.

Damodaran, A. (2006), Damodaran on Valuation, 2nd edition. New York: John Wiley
and Sons.

Damodaran, A. (2018), “Equity Risk Premiums (ERP): Determinants, Estimation and
Implications — The 2018 Edition”. Available at SSRN:
https://ssrn.com/abstract=3140837

Dimson, E., P. Marsh and M. Staunton (2006), “The Worldwide Equity Premium: A
Smaller Puzzle”, SSRN Working Paper No. 891620

Fama, E.F. and French, K.R. (1992). The Cross Section of Expected Stock Returns.
Journal of Finance, 47: 427-465.

Fama, E.F. and French, K.R. (1993). Common Risk Factors in the Returns on Stocks
and Bonds. Journal of Financial Economics, 33: 3-56.

Fama, E.F. and K.R. French (2002). The Equity Risk Premium. Journal of Finance 57
(2): 637-659.

Fama, E. F. and J. MacBeth (1973). Risk, Return, and Equilibrium: Empirical Tests.
Journal of Political Economy 81 (3): 607-636.

Fernandez, P. (2015) CAPM: An Absurd Model. Business Valuation Review: Spring
2015, 34 (1): 4-23.

12


https://ssrn.com/abstract=1183173
https://ssrn.com/abstract=3140837

Fernandez, P, (2019) CAPM: An Absurd Model. https://ssrn.com/abstract=2505597

Fernandez, P., M. Martinez and I. Fernandez Acin (2019), Market Risk Premium and
Risk-Free Rate Used for 69 Countries in 2019: A Survey (March 23, 2019). Available at
SSRN: https://ssrn.com/abstract=3358901
Previous surveys:

e 2008 http://ssrn.com/abstract=1344209

e 2010 http://ssrn.com/abstract=1606563; http://ssrn.com/abstract=1609563
e 2011 http://ssrn.com/abstract=1822182; http://ssrn.com/abstract=1805852
e 2012 http://ssrn.com/abstract=2084213

e 2013 http://ssrn.com/abstract=914160

e 2014 http://ssrn.com/abstract=1609563

e 2015 https://ssrn.com/abstract=2598104

e 2016 https://ssrn.com/abstract=2776636

e 2017 https://ssrn.com/abstract=2954142

e 2018 https://ssrn.com/abstract=3155709

Gil-Alana, L.A. (2008), Fractional integration and structural breaks at unknown periods
of time, Journal of Time Series Analysis 29, 1, 163-185.

Gordon, M. (1962), The Investment, Financing and Valuation of the Corporation,
Homewood, IL. Irwin.

Graham, J. R. and Harvey, C. R., (2018) “The Equity Risk Premium in 2018 Available
at SSRN: https://ssrn.com/abstract=3151162

Groenendijk M., Engelbrecht H. and Van Baardwijk R. (2019). Equity Market Risk
Premium. KPMG. https://assets.kpmg/content/dam/kpmg/nl/pdf/2019/advisory/equity-
market-risk-premium-research-summary-31032019.pdf

Hsiao C, Wan SK. (2011) Comparison of forecasting methods with an application to
predicting excess equity premium. Mathematics and computers in simulation:
81(7):1235-1246. doi:10.1016/j.matcom.2010.03.010

Jacobs, Michael T. and Anil Shivdasani (2012). “Do you know your cost of capital?” In:
Harvard Business Review (7/8), pp. 118—124.

Jacquier, E., A. Kane, and A.J. Marcus (2005). “Optimal Estimation Of The Risk.
Premium For The Long Run And Asset Allocation: A Case Of Compounded Estimation
Risk”. In: Journal of Financial Econometrics 3.1, pp. 37-55.

Jagannathan, R (2011). Does the Market Risk Premium (MRP) Change Over Time?
https://www.accc.gov.au/system/files/Presentation%20by%20Professor%20Ravi%20Ja
gannathan.pdf

13


https://ssrn.com/abstract=2505597
https://ssrn.com/abstract=3358901
https://www.accc.gov.au/system/files/Presentation%20by%20Professor%20Ravi%20Jagannathan.pdf
https://www.accc.gov.au/system/files/Presentation%20by%20Professor%20Ravi%20Jagannathan.pdf

Lee T-H, Tu Y, Ullah A. (2015) Forecasting equity premium: global historical average
versus local historical average and constraints. Journal of business & economic
statistics. 33(3):393-402. doi:10.1080/07350015.2014.955174

Levi, Y. and Welch, 1., (2017) Best Practice for Cost-of-Capital Estimates.Journal of
Financial and Quantitative Analysis 52, 2,427-463.

Mehra, R. and E.C. Prescott. 1985. “The Equity Premium: A Puzzle.” Journal of
Monetary Economics, 15 (2): 145-161.

Neely C.J., Rapach D.E., Tu J., Zhou G. (2014) Forecasting the equity risk premium:
the role of technical indicators. Management science 60(7):1772-1791.
doi:10.1287/mnsc.2013.1838

Robinson, P.M., (1994). Efficient Tests of Nonstationary Hypotheses. Journal of the
American Statistical Association, https://doi.org/10.2307/2291004

Ross, S. A., Westerfield R. W. and Jaffe J. F. (2010), Corporate Finance, 9th edition,
McGraw-Hill.

Siegel L. B. (2017). The equity risk premium: a contextual literature review. CFA
Institute Research Foundation. https://www.cfainstitute.org/-/media/documents/book/rf-
lit-review/2017/rflrv12n11.ashx

Welch, I. (2001), The Equity Premium Consensus Forecast Revisited (September 2001).
Cowles Foundation Discussion Paper No. 1325. Available at SSRN:
https://ssrn.com/abstract=285169

Welch, 1., (2008), The Consensus Estimate for the Equity Premium by Academic
Financial Economists in December 2007 (January 18, 2008). Available at
SSRN: https://ssrn.com/abstract=1084918 or http://dx.doi.org/10.2139/ssrn.1084918

14


https://ssrn.com/abstract=285169
https://ssrn.com/abstract=1084918
https://dx.doi.org/10.2139/ssrn.1084918

Table 1: Descriptive Statistics for the Market Risk Premium

Series Country Max. | Min. | Avg. | St.Dev. Vol. | First N.
coef. | Obs. Obs.

GERMANY | 915 | -883 | 1.79 | 430 | 240 | 11/99 | 522

10 years [yApaAN 1036 | -837 | 047 | 426 | 9.13 | 12/99 | 520
(weekly) ['ysa 1229 |-11.34 | -0.14 | 4.02 [-2934| 162 | 499
GERMANY | 1149 |-10.12 | -034 | 4.94 |-1449| 1/60 | 595

10" years ['y\pAN 11.89 | -1445| -1.66 | 6.65 | -4.00 | 3/72 | 453
(monthly) (g 11.17 | -1036 | -0.13 | 3.94 |-31.52| 1/60 | 595
GERMANY | 20.02 | -1640 | 3.62 | 801 | 221 | 11/99 | 783

Syears | JAPAN 20.61 | -15.52 | 334 | 970 | 2.90 | 12/99 | 782
(weekly) gsa 20.53 |-15.06 | 0.83 | 7.06 | 851 | 1/62 | 2760
GERMANY | 23.54 |-18.52 | 0.60 | 851 | 14.14 | 1/70 | 539

Syears | JAPAN 19.97 | -21.48 | -1.65 | 1022 | -6.19 | 12/89 | 300
(monthly) g a 1835 |-1439 | 0.83 | 7.05 | -850 | 1/62 | 635
GERMANY | 38.75 | -41.77 | 3.18 | 17.22 | 541 | 11/99 | 939

2years | JAPAN 3921 [-36.99 | 350 | 1697 | 4.85 | 12/99 | 938
(weekly) "gsa 38.09 | -34.87 | 3.58 | 1149 | 321 | 6/76 | 2164
GERMANY | 49.10 | -41.35| 2.18 | 1538 | 7.06 | 1/70 | 575

2years | JAPAN 21.10 | -21.72 | -0.34 | 10.16 |-29.86 | 1/90 | 336
(monthly) =g 19.81 [-11.12 | 342 | 744 | 218 | 7/76 | 498
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Table 2: Estimates of d under the assumption of white noise residuals

Series Country No deterministic An intercept An intercept and a
terms linear trend
GERMANY |0.96 (0.91,1.02) | 0.94 (0.88, 1.00) | 0.94 (0.88, 1.00)
(lv(\)/eek}l];lrs JAPAN 0.97 (0.91,1.03) | 0.99 (0.93, 1.05) | 0.99 (0.93, 1.05)
USA 0.98 (0.96,1.01) | 0.98 (0.96, 1.01) | 0.98 (0.96, 1.01)
GERMANY | 1.00 (0.95,1.08) | 0.99 (0.94, 1.06) | 0.99 (0.94, 1.06)
(lr(r)mmﬁgs JAPAN 1.01 (0.95,1.09) | 1.01 (0.95, 1.09) | 1.01 (0.95, 1.09)
USA 118 (1.11,1.27) | 1.18 (1.11, 1.27) | 1.18 (L.11, 1.27)
GERMANY | 1.03 (0.98,1.08) | 1.02 (0.97, 1.07) | 1.02 (0.97, 1.07)
5 years JAPAN 1.03 (0.98,1.08) | 1.03 (0.98, 1.08) | 1.03 (0.98, 1.08)
(weekly) s 0.99 (0.96,1.02) | 0.99 (0.96, 1.02) | 0.99 (0.96, 1.02)
GERMANY | 1.06 (1.00,1.13) | 1.08 (1.02, 1.15) | 1.08 (1.02, 1.15)
5 years JAPAN 1.08 (1.00,1.18) | 1.09 (1.01, 1.19) | 1.09 (1.01, 1.19)
(monthly) 155 A 117 (1.11,125) | 1.17 (111, 1.25) | 1.17 (111, 1.25)
GERMANY | 0.98 (0.94,1.03) | 0.98 (0.94, 1.02) | 0.98 (0.94, 1.02)
2 years JAPAN 1.01 (0.97,1.07) | 1.01 (0.97, 1.06) | 1.01 (0.97, 1.06)
(weekly) s 0.97 (0.94,1.01) | 0.97 (0.94, 1.00) | 0.97 (0.94, 1.00)
GERMANY | 1.01 (0.95,1.07) | 1.02 (0.96, 1.08) | 1.02 (0.96, 1.08)
2years | JAPAN 1.05 (0.98,1.14) | 1.04 (0.96, 1.14) | 1.04 (0.96, 1.14)
(monthly) A 1.15 (1.07,1.24) | 1.15 (1.07, 1.24) | 1.15 (1.07, 1.24)

In bold, the selected specification on the basis of the significance of the estimated coefficients. In

parenthesis, the 95% confidence bands for the values of d.
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Table 3: Estimates of d

under the assumption of autocorrelated (Bloomfield)

residuals
Series Country No  deterministic | An intercept An intercept and
terms a linear trend
GERMANY | 0.97 (0.89,1.05) | 0.93 (0.85, 1.01) | 0.93 (0.85, 1.01)
(lv‘ieek{;?s JAPAN 0.98 (0.90,1.10) | 1.02 (0.94, 1.13) | 1.02 (0.94, 1.13)
USA 1.04 (0.99,1.08) | 1.04 (0.99, 1.08) | 1.04 (0.99, 1.08)
GERMANY |0.99 (0.89,1.10) | 0.98 (0.89, 1.09) | 0.98 (0.89, 1.09)
(lr(r)mmﬁgs JAPAN 0.94 (0.87,1.03) | 0.94 (0.87, 1.04) | 0.94 (0.87, 1.04)
USA 0.97 (0.88,1.05) | 0.97 (0.88, 1.07) | 0.97 (0.88, 1.07)
GERMANY | 1.04 (0.97,1.13) | 1.05 (0.98, 1.13) | 1.05 (0.98, 1.13)
5 years JAPAN 1.06 (0.99,1.14) | 1.05 (0.98, 1.13) | 1.05 (0.98, 1.13)
(weekly) s 1.03 (0.98,1.08) | 1.03 (0.98, 1.08) | 1.03 (0.98, 1.08)
GERMANY | 1.04 (0.94,1.19) | 1.07 (0.97, 1.21) | 1.07 (0.97, 1.22)
5 years JAPAN 0.97 (0.85,1.14) | 0.99 (0.87, 1.16) | 0.99 (0.87, 1.16)
(monthly) 155 A 1.01 (0.91,1.12) | 1.00 (0.91, 1.12) | 1.00 (0.91, 1.12)
GERMANY | 1.05 (0.98,1.13) | 1.04 (0.97, 1.12) | 1.04 (0.97, 1.12)
2 years JAPAN 1.01 (0.94,1.09) | 1.01 (0.94, 1.08) | 1.01 (0.94, 1.08)
(weekly) s 1.00 (0.96,1.06) | 1.01 (0.96, 1.07) | 1.01 (0.96, 1.07)
GERMANY | 1.03 (0.91,1.15) | 1.03 (0.91, 1.15) | 1.03 (0.91, 1.15)
2years | JAPAN 1.01 (0.89,1.18) | 1.03 (0.91, 1.19) | 1.03 (0.91, 1.19)
(monthly)  5ga 0.96 (0.87,1.08) | 0.96 (0.86, 1.08) | 0.96 (0.86, 1.08)

In bold, the selected specification on the basis of the significance of the estimated coefficients. In

parenthesis, the 95% confidence bands for the values of d.

17




Table 4: Estimates of d for the squared differences with white noise residuals

Series

Country

No  deterministic

terms

An intercept

An intercept and
a linear trend

10  years
(weekly)

GERMANY

0.19 (0.15, 0.25)

0.19 (0.15, 0.25)

0.19 (0.15, 0.25)

JAPAN

0.19 (0.13, 0.25)

0.19 (0.14, 0.25)

0.19 (0.13, 0.25)

USA

0.22 (0.19, 0.25)

0.22 (0.19, 0.25)

0.21 (0.19, 0.25)

10  years
(monthly)

GERMANY

0.11 (0.06, 0.16)

0.11 (0.06, 0.17)

0.10 (0.05, 0.16)

JAPAN

0.17 (0.11, 0.24)

0.17 (0.11, 0.24)

0.17 (0.11, 0.24)

USA

0.21 (0.15, 0.27)

0.21 (0.15, 0.27)

0.20 (0.15, 0.27)

5 years
(weekly)

GERMANY

0.18 (0.14, 0.22)

0.18 (0.14, 0.22)

0.17 (0.13, 0.22)

JAPAN

0.16 (0.11,0.21)

0.16 (0.11, 0.21)

0.16 (0.11, 0.22)

USA

0.19 (0.16, 0.22)

0.19 (0.17, 0.22)

0.19 (0.16, 0.22)

5 years
(monthly)

GERMANY

0.12 (0.07,0.18)

0.13 (0.08, 0.19)

0.12 (0.07, 0.18)

JAPAN

0.09 (0.00, 0.19)

0.08 (0.00, 0.18)

0.08 (0.00, 0.18)

USA

0.16 (0.10, 0.23)

0.16 (0.10, 0.23)

0.16 (0.10, 0.23)

2 years
(weekly)

GERMANY

0.15 (0.12,0.19)

0.15 (0.11, 0.19)

0.15 (0.11, 0.19)

JAPAN

0.12 (0.08, 0.17)

0.12 (0.08, 0.17)

0.12 (0.08, 0.17)

USA

0.17 (0.14, 0.20)

0.17 (0.14, 0.20)

0.17 (0.14, 0.20)

2 years
(monthly)

GERMANY

0.10 (0.06, 0.16)

0.11 (0.07, 0.17)

0.11 (0.06, 0.16)

JAPAN

0.15 (0.09, 0.22)

0.15 (0.09, 0.22)

0.14 (0.08, 0.21)

USA

0.12 (0.06, 0.19)

0.12 (0.07, 0.19)

0.11 (0.06, 0.18)

In bold, the selected specification on the basis of the significance of the estimated coefficients. In

parenthesis, the 95% confidence bands for the values of d.
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Table 5: Estimates of d for the squared differenced with autocorrelated

(Bloomfield) residuals

Series

Country

No  deterministic

terms

An intercept

An intercept and
a linear trend

10  years
(weekly)

GERMANY

0.30 (0.21, 0.40)

0.29 (0.21, 0.39)

0.29 (0.21, 0.39)

JAPAN

0.24 (0.13, 0.37)

0.24 (0.14, 0.37)

0.23 (0.13, 0.37)

USA

0.20 (0.16, 0.24)

0.20 (0.16, 0.24)

0.19 (0.15, 0.24)

10 years
(monthly)

GERMANY

0.17 (0.06, 0.27)

0.18 (0.07, 0.28)

0.16 (0.07, 0.27)

JAPAN

0.21 (0.09, 0.36)

0.22 (0.10, 0.36)

0.22 (0.10, 0.36)

USA

0.14 (0.04, 0.25)

0.14 (0.04, 0.25)

0.14 (0.04, 0.25)

5 years
(weekly)

GERMANY

0.34 (0.26, 0.45)

0.33 (0.25, 0.46)

0.33 (0.25, 0.46)

JAPAN

0.21 (0.13,0.33)

0.21 (0.14, 0.33)

0.21 (0.14, 0.33)

USA

0.22 (0.14, 0.33)

0.22 (0.14, 0.33)

0.22 (0.14, 0.33)

5 years
(monthly)

GERMANY

0.14 (0.06,0.25)

0.15 (0.08, 0.25)

0.15 (0.05, 0.26)

JAPAN

0.03 (-0.09,0.22)

0.04 (-0.09, 0.20)

0.04 (-0.09, 0.20)

USA

0.07 (-0.01,0.16)

0.08 (-0.01, 0.16)

0.07 (-0.02, 0.16)

2 years
(weekly)

GERMANY

0.32 (0.25, 0.40)

0.31 (0.25, 0.40)

0.31 (0.24, 0.39)

JAPAN

0.18 (0.09, 0.26)

0.19 (0.09, 0.26)

0.19 (0.09, 0.26)

USA

0.19 (0.15,0.23)

0.19 (0.15, 0.23)

0.19 (0.15, 0.23)

2 years
(monthly)

GERMANY

0.12 (0.07,0.21)

0.14 (0.07, 0.22)

0.13 (0.05, 0.22)

JAPAN

0.27 (0.17, 0.40)

0.27 (0.17, 0.39)

0.24 (0.14, 0.39)

USA

0.12 (0.03,0.21)

0.12 (0.03, 0.22)

0.10 (0.02, 0.20)

In bold, the selected specification on the basis of the significance of the estimated coefficients. In

parenthesis, the 95% confidence bands for the values of d.
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Table 6: Break dates usin

the Bai and Perron (2003) and Gil-Alana (2008) tests

Monthly data | N. of breaks | 1st break 2nd break 3rd break 4rd break
10 year 2 1974m09 1997m1
5 year 3 1981m11 1997m05 2007m1
2 year 4 1982m11 1989m04 1997m06 2008m03
10 year (Vol.) 1 1974m7
5 year (Vol.) 1 2003m09
2 year (Vol.) 1 2003m10
Table 7: Estimates of d for each subsample: White noise errors
Monthly data | 1% subs. 2" subs. 3" subs. 4" subs. 5t subs
10 year 1.17 1.16 1.20
(1.06,1.32) | (1.05,1.31) | (1.09, 1.35)
5 year 1.09 1.23 1.17 1.23
(0.98,1.23) | (1.10,1.42) | (1.05,1.32) | (1.08, 1.45)
2 year 1.16 1.22 1.20 1.14 1.05
(0.93,1.52) | (0.97,1.55) | (1.09,1.37) | (1.03,1.30) | (0.91, 1.25)
10 year (Vol.) 0.03 0.22
(-0.07,0.17) | (0.15, 0.30)
5 year (Vol.) 0.17 0.20
(0.10,0.26) | (0.08, 0.38)
2 year (Vol.) 0.21 0.05
(0.11,0.33) | (-0.04,0.18)
Table 8: Estimates of d for each subsample: White noise errors
Monthly data | 1% subs. 2" subs. 3" subs. 4" subs. 51 subs.
10 year 0.95 0.86 1.06
(0.77, 1.14) | (0.73, 1.01) | (0.93, 1.26)
5 year 0.88 0.92 1.11 0.94
(0.73,1.09) | (0.78,1.09) | (0.91,1.40) | (0.73,1.33)
2 year 0.71 0.56 1.08 1.04 0.75
(0.48,1.06) | (0.21,1.17) | (0.95,1.25) | (0.85,1.31) | (0.53, 1.02)
10 year (Vol.) -0.07 0.14
(-0.24, 0.22) | (0.03, 0.27)
5 year (Vol.) 0.19 -0.02
(0.07, 0.38) | (-0.16,0.17)
2 year (Vol.) 0.17 0.03
(0.04, 0.36) | (-0.12,0.24)
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HRP over different time spans and at different frequencies

Figure 1

a) 10y with monthly frequency

Historical Equity Risk Premium 10y in % (monthly

frequency)
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c) Sy with monthly frequency

Historical Equity Risk Premium 5y in % (weekly

frequency)
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Historical Equity Risk Premium 5y in % (weekly frequency)
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e) 2y with monthly frequency

Historical Equity Risk Premium 2y in % (monthly frequency)
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Historical Equity Risk Premium 2y in % (weekly frequency)
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Figure 2: Relationship between long-term HRP and Risk free yield for different
countries and periods

2a) US for periods 1960-2009 and 1990-2009
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Observed US HRP (x) vs US 10y yield (y)

monthly data 1960-2009
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2b) Germany for periods 1960-2009 and 1990-2009
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Observed Germany HRP (x) vs GER 10y vyield (y)
monthly data 1960-2009
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2¢) Japan for periods 1972-2009 and 1990-2009
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Observed JPN HRP (x) vs JPN 10y yield (y)
monthly data 1972-2009
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Figure 2: Relationship between mid-term HRP and Risk free yield for different
countries and periods
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3a) US Observed mid-term HRP premiums

Observed US HRP (x) vs US 5y yield (y)
monthly data 1960-2014
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b) Germany observed mid-term HRP premiums
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Observed GER Risk prime (x) vs GER 5y yield (y)
monthly data 1970-2014
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b) Japan observed mid-term HRP premiums
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Observed JPN Risk prime (x) vs JPN 10y vield (y)
monthly data 1989-2010
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